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Abstract—Short frame structure and its optimization plays an
important role in ultra reliable and low latency communication
(URLLC). We investigate and compare the latency and through-
put performances of the independent encoding (IE) and joint
encoding (JE) frame structures for heterogeneous multi-device
URLLC in the finite block length regime. There is a counter-
intuitive finding that, despite a longer frame, IE enables a much
lower average latency and higher reliability than JE, thanks to
lower queuing latency, while JE achieves higher throughput with
lower traffic heterogeneity, thanks to less channel dispersion. It
is also shown that traffic heterogeneity has less adverse effects on
the performance of the IE frame structure, and can even help
reduce its average latency with the shortest block length first
(SBF) scheduling rule proposed. We also provide an intensive
analysis of the trade-off between pilot power and pilot overhead,
with near-optimal pilot power and block length derived in closed
form. Low-complexity joint pilot power, pilot length and block
length optimization algorithms are proposed for IE and JE
frame structures. Numerical results verify the effectiveness of the
proposed algorithms, and also show that pilot power optimization
plays a significant role in enhancing throughput at low to medium
SNR.

Index Terms—ultra reliable and low latency communication,
joint encoding, joint optimization, pilot power boosting, hetero-
geneous traffic

I. INTRODUCTION

Ultra-reliable and low-latency communication (URLLC)
serves as a cornerstone for beyond-fifth-generation (B5G)
and 6G wireless communications, enabling mission-critical
applications such as the industrial metaverses and vehicle-
to-everything (V2X) interfaces [2]-[6]. These real-time Eth-
ernet applications require high reliability (i.e., 99.999% ~
99.999999%) and low latency (i.e., 500 us~10 ms)[3], [4].
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Fig. 1. Heterogeneous Downlink System

Within industrial Internet of Things (IloT) systems, the mes-
sage sizes range from 10 to 250 bytes, and the devices’
speeds can reach up to 75 km/h [5]. The use of diverse
devices inherently leads to heterogeneous traffic [7], [8]. For
example, the controllers assign tasks to assembly robots and
mobile robots [5], as illustrated in Fig. 1 . To meet the
requirement of small message size and low latency, finite block
length (FBL) transmission is a feasible solution, reducing
transmission and processing latency [3]. However, FBL brings
several new challenges, such as the non-negligible block error
probability (BLEP), metadata and pilot overhead [9]. The short
block length directly influences data rate, latency, and BLEP
[9]-[11], thereby establishing a trade-off between bandwidth,
rate, reliability, energy, and latency in the FBL regime [10].
Independent encoding (IE) [8] and joint encoding (JE) [9] are
commonly used techniques for short-frame frame structures.
Therefore, it is significant to investigate and compare the
IE and JE frame structures under multi-device heterogeneous
URLLC requirements.

A. Related Work

Theory of FBL: The channel capacity derived from
Shannon’s theorem in the infinite block length (IBL) regime
proves imprecise in short packet communications due to non-
negligible packet errors and channel dispersion caused by
the short block length [11]. In [11], the relationship between
achievable data rate and block length in the FBL regime
is revealed over the additive white Gaussian noise (AWGN)
channel and subsequently extended to multiple-antenna quasi-
static fading [12], Rayleigh-fading [13], and coherent block-
fading channels [14]. In [13], the diversity-multiplexing trade-
off and the outage capacity are investigated. A large number
of antennas at the receiver instead of at the transmitter help in
reducing channel use [14]. Further, the throughput analysis in
the FBL regime has been conducted across diverse scenarios,
such as quality of service (QoS)-constrained networks [15],
wireless-powered IoT networks [16] and massive multiple-
input multiple-output (MIMO) IIoT networks [17].

IE and JE Frame Structures: How to improve the
throughput of a multi-device URLLC system is an important



issue. Prior research mainly focuses on the IE frame structure,
which encodes the data for each device into separate blocks,
as depicted in Fig. 2(b). Power allocation is one of the
efficient ways to improve system throughput, such as joint
pilot and payload power optimization [17], and joint user
power and block length optimization [18]. Recently, studies
have demonstrated that the frame length can be condensed to
improve throughput by refining the frame structure, such as
the pilot sharing scheme explored in [19]. In [20], an efficient
JE frame structure is proposed, where messages from different
devices are combined and jointly encoded into a single packet,
as illustrated in Fig. 3(b). The achievable data rate in the FBL
regime [11] indicates that there is a contradiction between
low latency and high data rate. Given the signal-to-noise ratio
(SNR) and BLEP, the data rate decreases with the reduced
number of transmitted symbols due to the channel dispersion.
There is a critical trade-off between block length and data
rate. The JE frame structure leverages the reduced channel
dispersion to encode a large number of messages, thereby
reducing transmission latency within the shortened frame
length [9], [20].

The study in [9] suggests new trade-offs in the JE frame
structure, such as the trade-off between encoding efficiency
and message processing delays. In [20], the trade-off between
the average frame length and power consumption in the JE
frame structure is investigated. In [21], the trade-off between
the age of information (Aol) and the number of packets
encoded jointly is studied. [22] derives the Aol expressions
of the IE and JE frame structures in homogeneous scenar-
ios, respectively. Recently, in [23], the Aol performance
is compared between the broadcast (JE) and unicast (IE)
first-come-first-served (FCFS) systems, and found that the JE
frame structure is better suited for the systems that serve a
limited number of devices, transmitting a substantial amount of
common information, and covering a small area. [24] explores
the trade-off between the queuing delay and reliability in the
JE frame structure. In [25], a novel JE structure scheme is
designed to provide inter-user orthogonal channel utilization,
offering a 20% improvement over the IE frame structure
under the assumption of perfect channel state information
(CSI). However, the existing works [20]-[25] do not conduct
a comparative performance analysis between the IE and JE
frame structures in terms of latency and throughput. Moreover,
the impact of imperfect CSI on the JE frame structure remains
unexplored. Overall, there has remained several open issues in
the literature. Firstly, regarding pilot-based channel estimation,
the superior performance of either the IE or JE frame structures
under specific conditions is not known. Secondly, the influence
of inherent heterogeneity on latency and throughput perfor-
mance in multi-user URLLC systems remains unexamined.

Block Length and Pilot Length Optimization for URLLC:
Pilot symbols play an important role in practical wireless
communication systems, such as channel estimation [26],
synchronization [27], and radar sensing [28]. It is worth noting
that, contrary to conventional IBL systems, FBL systems re-
quire a pilot overhead exceeding 25% to ensure high reliability
[29]. Therefore, pilot overhead needs to be minimized, while
balancing the trade-off between low latency, high reliability,

and high throughput. In the context of IBL systems, an
optimal pilot overhead is derived by unifying block fading and
continuous fading channels [30]. However, the optimization in
the IBL regime is not applicable in the FBL regime, due to
the non-negligible BLEP caused by the FBL [29]. In [31],
the block length was optimized to minimize the average Age
of Information (Aol) for a single-user FCFS system under
non-preemption, preemption, and retransmission schemes. The
investigation of joint optimization of pilot length and block
length in the FBL regime [32] illustrates a better throughput
performance compared to algorithms that only optimize either
block length [33] or pilot length [29]. Furthermore, existing
works of block structure optimization in the FBL regime [17],
[32], [33] are based on the assumption of block fading, which
is applicable to static or low-speed moving devices. Nonethe-
less, analyses based on the block fading model cannot meet
the requirement of fast-moving devices [1], such as mobile
robots in IIoT systems [S] and vehicles in V2X systems [6].
Therefore, it is important to investigate the joint optimization
of pilot power and pilot overhead under continuous fading.
Notably, however, the transcendental equations with respect
to efficient SNR under continuous fading are particularly
complex to solve and unexplored in the previous literature.

Pilot Power Boosting: Pilot power boosting is an effec-
tive way to reduce pilot overhead while improving throughput
[30], [34]. Boosting pilot power can enhance the channel
estimation accuracy to obtain a better performance in the lim-
ited transmission power [17]. Pilot symbols with a high SNR
also help improve synchronization performance, thus reducing
BLEP in practical systems [27]. In previous works, pilot power
boosting has been investigated in the IBL regime [27], [30],
[34], but not in the FBL regime. In [17], the trade-off between
pilot power and payload power is studied in the FBL regime,
but the pilot length has not been optimized. In the conference
version of this paper [1], the joint impact of pilot overhead
and pilot power on throughput is investigated for single-block-
transmission point-to-point FBL systems. The joint impact on
latency and throughout has not been investigated for multi-
device systems.

B. Contributions

Motivated by the above open issues, we investigate the
IE and JE frame structures for a heterogeneous multi-device
URLLC downlink in the FBL regime over continuous fading
channels, respectively. Distinct from our prior work focused
on a single-device system model [1], this study not only
extends to a multi-device framework but also delivers a deeper
comparative analysis on latency and throughput performances,
introducing novel algorithms and offering more comparative
insights with a richer array of simulation results. We aim to
answer open questions as follows:

1) Which of the IE and JE frame structures achieves a better
throughput and latency performance in heterogeneous
URLLC systems over continuous fading channels?

2) How to utilize traffic heterogeneity to achieve throughput
enhancement and latency reduction?

3) How to strike the balance between pilot power and pilot
overhead in the FBL regime?



The above questions reflect closely related aspects of the
performance optimization problem and are addressed in this
paper. Our main contributions are as follows:

e To the best of our knowledge, this is the first work
to investigate and compare the latency and throughput
performances of the IE and JE frame structures in FBL
heterogeneous URLLC systems. We reveal a counter-
intuitive finding that, despite a longer frame, the IE
structure features a much lower average latency and
higher reliability than the JE frame structure, thanks to
the lower queuing latency for each user within the frame
when transmitting the same information. This is different
from the suggestion in [9] that considered transmission
latency only. On the other hand, the JE frame structure
achieves higher throughput with lower traffic heterogene-
ity, thanks to the lower channel dispersion with a higher
block length. These findings are supported by the closed-
form expressions derived for the average latency gain of
the IE frame structure over the JE frame structure and
the throughput gain of the JE frame structure over the
IE frame structure. In addition, the impacts of channel
capacity, the number of devices, and the number of
information bits per device on the throughput gain of the
JE frame structure is also investigated.

o We investigate the effect of traffic heterogeneity on the
average latency and throughput performances of the IE
and JE frame structures, respectively, while in the previ-
ous work [9], [21], [22], [24], the impact of heterogeneity
was not considered. It is shown that higher traffic het-
erogeneity has a less adverse effect on the performance
of the IE frame structure than on that of the JE frame
structure. It is further proved that the traffic heterogeneity
can be utilized in scheduling to help reduce the average
latency of the IE frame structure. A shortest block length
first (SBF) scheduling rule is proposed accordingly, which
allows the devices with less block lengths to experience a
lower queuing latency, thereby minimizing the average la-
tency of the IE frame structure. In contrast, the first-come-
first-serve round-robin scheduling rule in [22] results in a
higher average latency with higher traffic heterogeneity.
The JE frame structure is shown to be preferable for
the low heterogeneity case in terms of throughput, how-
ever, under high heterogeneity conditions, the JE frame
structure’s performance is less favorable as the users with
higher transmission requirements play a more significant
role in the overall system performance.

o We provide an intensive analysis of the trade-off between
pilot power and pilot overhead through a throughput
maximization problem in the FBL regime. Closed-form
expressions are derived for the near optimal pilot power
and block length for each device over continuous fad-
ing, by solving complex transcendental equations. We
propose two low-complexity algorithms to jointly opti-
mize pilot power, pilot length and block length, namely
the joint optimization for the multi-device (JOMD) IE
frame structure (JOMD-IE) algorithm and the JOMD JE
frame structure (JOMD-JE) algorithm. These algorithms
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are built upon the single-device joint pilot power, pilot
length, and block length optimization (JPLLO) algorithm
in our previous work [1]. It is revealed that boosting
pilot power helps reduce pilot overhead and improve
throughput especially at low to medium SNR, but over-
boosting can be counterproductive. Conversely, at high
SNR, the impact of pilot overhead on throughput becomes
more significant. Numerical results also show that the
proposed JOMD-IE and JOMD-JE algorithms achieve
a near-optimal throughput performance with a dramatic
complexity reduction over exhaustive search, and also
outperform the previous work with no pilot power boost-
ing [19], [32].

The rest of this paper is organized as follows. Section II
introduces the frame structures and channel model. Section
Il presents the analysis of the impact of pilot power on
pilot overhead and system throughput in the FBL regime
under continuous fading. In Section IV, joint optimization
of frame length, pilot lengths and pilot power is investigated
to maximize throughput for the IE and JE frame structures,
respectively. The average latency analysis and performance
comparison between the two frame structures are presented
in Section V. Simulation results are given in Section VI.
Finally, Section VII draws the conclusion. Table I summarizes
key notation in this paper.

II. SYSTEM MODEL

We consider a heterogeneous downlink URLLC system
with a single-antenna access point (AP) and U single-antenna
devices, as illustrated in Fig. 1. The heterogeneity among
these devices is manifested in their distinct information size,
modulation order, SNR, Doppler frequency, BLEP limit, pilot
power limit, block length and pilot length. These devices
operate under a time-division access (TDMA) framework.



TABLE I
KEY NOTATION GLOSSARY
Parameters Description Parameters Description
Superscript indicating the type of frame structure, Q .. .
Q Q =1, J indicates the IE and JE structure, respectively Ethr,u Minimum block length subject t0 €qr,u
u, k Device and block indexes, k = u(Q2 =1),k =1(Q =J) Nofrz)t,u’ Ppop“ k| Optimal block length and optimal total pilot power
afnzimc, O‘ﬁin % | Minimum pilot overhead of the control and the k-th data block eij " Minimum block length subject to €y,
B Frame length ratio of the JE to the IE frame structure pll)lhr’k n%, a% Pilot length and pilot overhead
Threshold of 3 that the average latency of the JE frame . .
D Q Q 4 atq s q q
B structure is lower than that of the IE frame structure Pd,i Pp,x Normalized power of data and pilot symbols
58 w €'l BLEP of control and data information of the u-th device p}nhr. & Maximum limit of normalized power of pilot symbols
€thr,C ) €thr,u Maximum limit of BLEP of control and data information P]?, P;’k Average power and total pilot power
nlgl, 77;3 Throughput of the frame and the k-th block Ty,TiQ Overall latency of device u and average latency of U devices
So,us fmou Normalized Doppler frequency and Doppler frequency U Number of devices
Ly, Ly, Number of information bits of device data, block, 0 7O Average latency under heterogeneous and homogeneous
Lo, Lsum frame control information and frame Het> = Homo scenarios
My, My, Modulation order of the u-th device and the k-th block Yus ’Yeﬂu Average SNR and effective SNR
. ] S = Average latency reduction ratio of the IE frame structure
Nia, Nc Block length of frame structure type indicator and control block AT to the JE frame structure
Throughput improvement of the JE frame structure
Q NQ ghp P
Ny, Ny, Frame length and the data block length Ang over the IE frame structure
Nrhrs Nl?l, & Maximum limit of frame length and block length 0L, 0N Normalized standard deviation of SNR and block length

A. Frame Structure

We consider two frame structures in this work, i.e., the IE
frame structure and the JE frame structure [9], as illustrated
in Figs. 2 and 3, respectively. Let N (Q = {I,J}) denote the
frame length, where N} indicates the IE frame length and N}
indicates the JE frame length. Nig symbols are placed in the
front of the frame, allowing the device to know the type of
frame structure to decode correctly, either the IE or JE frame
structure.

The IE frame structure allows the data information of U
devices independently to be encoded into U blocks together
with a control information block of N¢ symbols containing
Lc information bits in the front, as shown in Fig. 2. Let
L,, denote the information bits of the u-th (u =1,2,...,U)
device. Let N;! denote the number of symbols in the k-th
(k=1,2,...,U) block, each with Ly /log,(M},) information
symbols, where Ly is the number of information bits in the
k-th block, and Mj, is the Mjy-ary modulation. For the IE
frame structure, the u-th device is mapped into the k-th block.
The control information is used at each device to identify
which block the device should decode. For example, Fig. 4
demonstrates the control information structure. The first cy
bits are used to recognize the value of the number of devices in
the frame, followed by cy and cp bits to represent modulation
order of M, and the starting address of the first symbol for
each device, respectively. The values of cy, cv and ca are
designed properly to reduce the control information overhead.
Please note that the starting address of the first device is not
recorded, as the address can be calculated via the number of
devices and control information structure. The address of the
first device equals the bits of control information, given as
Le=cu+cem-U+ca-(U—1). This can reduce the number
of bits in the control information block of the short packet
transmission, while the other methods in the literature [19]—
[21], [24], [25] do not investigate the important property.

For the JE frame structure, devices’ data and control infor-
mation are encoded jointly into a single block that consists of
N symbols as k = 1 when Q = J, as shown in Fig. 3. Thus,
a single block is the frame for the JE frame structure. For

convenience, let N’ denote the number of symbols for the JE
frame structure. The starting address in the control information
in the IE frame structure corresponds to the first symbol of
each device. However, this is not applicable to the JE frame
structure, as it is difficult to extract the starting address of the
first symbol for two reasons. First, the redundancy information
is shared by all devices. Second, the information bits of all
devices are usually interleaved encoding for high reliability.
The first symbol of each device shuffles in the JE frame.
Therefore, the starting address of each device in the JE frame
structure is extracted in the decoded bits rather than in the
received symbol in the IE frame structure.

Let af? = n$?/N{! denote the pilot overhead ratio, with n{’
denoting pilots in the k-th block. In the case of continuous
fading, both the IE and JE frame structures follow the regular
periodic placement (RPP)-1 as the optimal pattern [26], [35],
where a pilot symbol is inserted every N,? /ni2 — 1 data
symbols, as shown in Figs. 2(a) and 3(a). The pilot symbols
are not shared between blocks. Let Pf denote the average
power of all transmitted symbols in the k-th block, which
includes both pilot and data symbols. Furthermore, let P;?,k
and pffk denote the power of the pilot and data symbols
normalized to P{?, respectively. Thus, the power of each pilot
symbol is given by p*; P;* and that of each data symbol by
PPy’ Given pfy and of, we can determine the normalized
transmission power of the data symbols by:

o _ 1= rproil
Pik = 7 a -

- (1)
For simplicity, let n’, o, P’, p} and py denote the pilot length,
pilot overhead ratio, average transmission power, normalized
transmission power of pilot symbols, and normalized transmis-
sion power of data symbols for the JE frame structure with a
single block, respectively.

B. Channel Model

We consider the Rayleigh fading channel with continuous
amplitude variations (termed as continuous fading [30]), where
all U devices are in mobility. Let hy ; ., denote the continuous



channel in the I-th (I = 1,2,..., Ni?) symbol of the k-th block
between the AP and the u-th device. In the continuous fading,
hi.1. 1s a discrete-time complex Gaussian stationary random
process, with the spectral distribution function satisfying the
Doppler spectrum. Let fp ,, = 75 fm, denote the normalized
Doppler frequency of the u-th device, where Ty is the symbol
period, f,. = vy,/X is the Doppler frequency, v, is the
relative velocity between the u-th device and AP in meters per
second (m/s), and \ is the carrier wavelength in meter (m). The
coherence time is T, ~ 0.423/ fp, ., = 0.423 T/ fp .. There
are two important Doppler spectra [26]. One is the Clarke-
Jakes spectrum:

V) =1/ (r/f3. - L)), )
The other one is the rectangular spectrum, given by:
Su(v) =1/(2fpu)- 3)

where v denotes the frequency shift relative to the carrier
frequency, the definition range of the spectra is [v| < fp, 4.
According to NB-IoT standard in 5G NR at 3.5 GHz [36] with
sub-carrier space (SCS) of 15 kHz, there are T, ~1.09 ms
and fp,~0.026, when v,,=120 km/h. The block fading can
be treated as a special case of the continuous fading, when
hi.1. Temains constant in the duration of one block.

Let xj,; denote the transmit signal in the [-th symbol of the
k-th block, with independent identically distributed ( i.i.d.)
complex Gaussian random variables of zero mean and unit
variance, i.e., x5 ~ Ng (0,1) [34]. The [-th symbol of the
k-th block received by the u-th device in the FBL system is:

7 hkvl}upgk,P,?xk’l + W 1w, (I mod [Nft/nfY]) =1
Ykl hk,z,upgkpéliﬂk,l + Wk,1,u, others,

4)
where mod is the modulo operation that returns the remainder
of a division, [-] denotes rounding to the nearest integer, and
Wy, 1., denotes the additive white Gaussian noise (AWGN) in
the [-th symbol of the k-th block between the AP and the u-
th device, with zero mean and variance of wy, i.e., Wy, ~
Nt (0,0). The average SNR of the u-th device receiving the
k-th block is defined as:

PR g 5)
’ZD()N ]? '
For simplicity, 7,5 is noted as vy, since k = u with Q =1
and k =1 with Q = J.
To ensure that the channel observed through the pilot
transmissions has an unaliased spectrum, the minimum pilot
overhead of the k-th block is given by [30]:

O‘?\in,k =2 mgx {fou}-

Yu,k =

(6)

The minimum pilot overhead of the control block of the IE
frame structure a%in,C is also given by (6).

III. THROUGHPUT ANALYSIS UNDER CONTINUOUS
FADING FBL SYSTEMS

In this section, we derive the throughput of the IE and JE
frame structure with closed-form expressions of BLEP of data
and control information. The impact of SNR, mobility and
pilot power on pilot overhead and throughput are analyzed.

A. Throughput Analysis

Considering U devices in a single frame, devices can
decode the received data correctly only if both the data and
control information are received correctly. Note that since the
control and data messages are jointly encoded in the JE frame
structure, €] is actually the probability that errors happen
for either the data or control messages. Since the system is
concerned with the data information of devices, the control
information is not counted in the throughput.

The throughput of the frame for U devices in bits per

channel use (bpcu) is given by:
Zu Ly(1—€h)(1—€L ,
(=)o) ) |

= U (1) 0., O

where e denotes the BLEP of the data information of the u-th
device, and Ec denotes the BLEP of the control information
received by the u-th device.

Based on the system model, the data of devices and control
information are arranged into different blocks in the IE frame
structure. Hence, the frame length of the IE frame structure
N} is given by: x
Ng = N+ Nc+ > _ Nj.

k=1

®)

For the JE frame structure, the data of devices and control
information is encoded jointly in a single block as shown in
Fig. 3. The frame length of the JE frame structure is as:

N} = Ny + N )
According to the FBL theory, the achievable rate of short

packets is given by R ~ —VV()/NQ () [11],
where C(7y) denotes the channel capacrty, V( ) denotes the
channel dispersion, e denotes the BLEP, N denotes block
length, and Q7 1() is the inverse of the Q-function given
by Q(x j —e*t *12t. Specifically, channel capacity
Cy) = logz( + ’y) with v > 0, and channel dispersion
V(7) = (1 — 715y2)(logy(e))?, with e denoting the Euler’s
number. Considering pilots for channel estimation, the BLEP
of data information of the u-th device is derived as [1], [32]:

Ni-n} 1 L. . logy(Ni—n}) _
o Q( M(C“v“)‘w‘ﬁ ) ) 0!

“ 1og2<w>)), Q=1

Q V{V(J?i) (O (’Ygu) Nﬂ]ﬂ + v
(10)

where 'ygu denotes the effective SNR of the u-th device

after channel estimation, and Ly, = Lc + 25:1 L, denotes
the total information bits in the frame. The specific formula
for effective SNR is defined in the subsequent subsection.
Different from the throughput, the BLEP calculates both data
and control information in the block rather than just the
devices’ valid information in the JE frame structure.

Due to different channels of devices, the same control in-
formation transmitted to different devices has different BLEP.
In the IE frame structure, the control information is in an
independent block. Thus, €Cu relates to the control block
structure and the channel state of the u-th device as:




| Né—nlc I Lc log, (Né_nlc)
cu=Q ( V (i) O( e’“) N{—nk, T (NE—ng) ’

. : .
In the JE frame structure, the control information mixes up

with devices’ data in a shared block. The BLEP of the control

information is equal to that of the device as:

J _
ec7u = €,

12)

B. Impact of Pilot Power with Effective SNR Analysis

The effective SNR refers to the SNR after channel estima-
tion, related to SNR +y,, mean square error MSES and the
normalized power of data symbols p?’ & [301, as shown as:

Q Tu (1 _MSES)
o T T 0@t s

As in (13), mf}u is a monotonically decreasing function
with respect to MSES. This is proved by the partial deriva-
tive of 7%, with respect to MSE{ as 04, /OMSE; =
—Yu(Vu + 1/p<(12,k)/('7uMSE1§} + l/p(sj%k)Q <0.

We assume that the minimum mean square error (MMSE)-
based channel estimator is used. In the continuous fading
model, the rectangular spectrum results in the worst-case
estimation error [26]. The mean square error MSESH2 of channel
estimation for the u-th device is given by [30]:

MSE{} = 1 = 91

1+ 3 fD Pp B Vu
It indicates that MSES increases under high mobility or low
SNR. The increased MSES can be reduced by increasing pilot
power instead of a large increment in pilot overhead. Besides,
the block fading model provides the effect of mean square
error and effective SNR the same as the continuous fading
model. Thus, fp, in the continuous fading is replaced by
fox = 1/(2N}) in block fading [30].

We derive a closed-form expression for the optimal block
length in (22) in Subsection V- A This expression can be used
to analyze how pilot power p ", that impacts pilot overhead
ak and throughput 77

Proposition 1: The effective SNR 7$%, is concave with
respect to norrnahzed pllot power pp k- W1th a given pilot
overhead o}’ % » the optimal p “, for the u-th device to maximize

13)

(14)

g q
1+ oW NPk u

Velu» denoted as pf,  (af)), is derived as:

o) =( /2o 2o t98) (0 1) (0f 81
+2fpu (Otk —Ye u_]-)) / (a?%‘?u (2fD,u+a2—1)>
15)
Proof: See Appendix A. ]

Proposition 2: The minimum data and redundant symbol
length satisfying the BLEP threshold, defined as Nq? =
(New. n%) is monotonically decreasing with respect to ’yg}u.

Proof: See Appendix B. ]

Remark 1: Based on Propositions 1 and 2, we deduce
that boosting pilot power p , can reduce pilot overhead a
and increase throughput 7 but over-boosting adversely affect
nst. These propositions show that pg . influences the effective

SNR ~£%,, which in turn affects N$. From (7), when block
length drops, n{ rises (considering negligible BLEP in the
URLLC system parameters). Thus, as pgk grows, there’s an
optimal point for maximizing throughput. However, when pf)f &
becomes excessively high, 7 would decrease. An intuitive
explanation is that an excessive pp , tends to diminish the
power of data symbols, resulting in a reduced % . as outlined
in (13). Besides, to achieve high throughput, we can reduce
the pilot overhead, as long as we maintain %f}u unchanged by
increasing pilot power as indicated in (14). Notice that the
pilot overhead cannot be reduced below the minimum value
defined by (6). In summary, in weak channel conditions an
approprlate increase in pp ., can optimize 5! and 72, but over-
boosting pp & Tesults in a point where ag cannot be minimized
further, and 7{ goes low. This analysis is verified by Figs. 10
and 11.

IV. FRAME STRUCTURE OPTIMIZATION OF IE AND JE

To compare IE and JE frame structures, throughput max-
imization problems are formulated. An in-depth analysis of
the throughput maximization problem concerning the IE frame
structure is undertaken in Subsection IV-A, wherein the closed-
form optimal solutions in resolving the problem are also
derived. The proposed JOMD-IE and JOMD-JE algorithms
are detailed in Subsections IV-B and IV-C, respectively.

A. Throughput Maximization of the IE Frame Structure: Prob-
lem Formulation and Analysis

Based on the analysis in Subsection III-A, we formulate an
optimization problem P1 to maximize the throughput of the IE
frame structure by jointly optimizing block lengths N', pilot
lengths n' and the normalized pilot powers p{, for each block,
as:

P1: Nr]ril:]if):’ 77; (16)
st. (C1): Nf— Npgr <0,
(C2): €c, — €mre <0, Vu,
(C3): GL — €hru < 0, Vu,
(C4): 1< p; p;,thr 6 Vk,
(C5): N —nk > Lk /log, (M}) , V&,
(C6): np /Ny, = apin i VK,
(C7): Ni,nk €N, Vk,
u=1,..,U,
k=1,..U,C.

where N' = [N, ..., N}, N}] is the block length vector,
n' = [n},..,ny,ng| is the pilot length vector, p, =
[Pp,15 -+ Pp.urs Py ] i the vector of normalized power of pilot
symbols, with ne and pj - denoting the pilot length and
the normalized pilot power in the control information block,
respectively. For the IE frame structure, the u-th device is
mapped into the k-th block. Thus, in Constraints (C4) ~
(C7), k=wuwhen k=1,..,U.

Constraint (C'1) limits the maximum frame length Ngg,.
Constraint (C'2) specifies the control information BLEP thresh-
old egy,c. Constraint (C'3) specifies the data information BLEP



threshold of the u-th device ey, ,,. Constraint (C'4) limits the
normalized pilot power of the k-th block by mer, - Constraint
(C5) ensures there are enough symbols to include information
bits in each block. Constraint (C'6) meets the minimum pilot
ratio requirement in (6).

Problem P1 is a mixed-integer optimization problem with
3(U + 1) variables and 1 + 2U + 4(U + 1) constraints. The
complexity of the exhaustive search for the optimal solution
is high. Notice that the control block and devices’ data blocks
can be regarded as being independent of each other as in (7),
and the change of parameters of one block does not affect
the parameters of the other blocks when Ngy, is sufficient.
Therefore, we decompose the problem P1 (16) into (U + 1)
individual sub-blocks’ block structure optimization problems
with 3 variables each. The sub-problem of the device data
block is formulated with 6 constraints as follows:

P1.1: Nﬁﬁ%%plﬁ M _L (1- )/Nk (17)
s.t. (C3) ~ (CT),
(C8): Nk Nthrk 0.

where Né}r’k is the block length limit for the k-th block.
Constraint (C8) is an alternative version of constraint (C1)
in the case of block structure optimization. There are U
(C2) constraints in the control block structure optimization
sub-problem, since the control block’s structure is jointly
affected by U devices’ channels. This sub-problem is similar
to problem P1.1 and can be solved with the help of its results.

The block structure optimization problem P1.1 is a mixed
integer optimization problem, which can be further decom-
posed into the total pilot power optimization sub-problem
P1.1.1 and the block length optimization sub-problem P1.1.2,
as follows:

PLLL: max 7y st (C3)~(C8), (18)
Pp’k

PL1.2: max nl st (C3) ~ (C8). (19)
N,

where P3% = nilpy is the total pilot power of the &-th block.
The optimal solution of P1.1 can be obtained by the iterative
way.

Proposition 3: With a given block length N, ,?, the through-
put is concave with respect to the total pilot power Pp{zk.

Proof: See Appendix C. ]

Therefore, the total pilot power optimization sub-problem
P1.1.2 can be solved by convex optimization methods.

Proposition 4: With a given pilot length n$! & and normalized
pilot power p "> the throughput nk is mono-decreasing with
respect to block length N, 2,

Proof: For a practlcal FBL URLLC system, BLEP is
€} < 107° and N! is less than 1000 [4], [5]. As long as
€} satisfies the constraint g ., € has little effect on the
throughput 77,?. Thus, 771? ~ L, /N,? It is obvious that 77122 is
mono-decreasing with respect to [V, ,? ]

Therefore, the optimal solution of the block length opti-
mization sub-problem P1.1.1 only requires the minimum value
of block length that satisfies constraints (C3), (C5) ~ (C7).
However, transcendental equations are needed to be solved
because C('ygu) and V('ygu) relate to Nj' by (14) under

the continuous fading model. It is hard to derive the precise
analytical solution [1]. The closed-form expression of the
approximate solution can be obtained. Lemma 1 and Lemma
2 show the approximate solutions for the two sub-problems,
respectively.

Based on Proposition 3, F, = can be derived by forcing
OWg, /0P, = 0. It is a transcendental equation too. In
practical scenarios, for the sake of efficiency, the power of pilot
symbols is typically much smaller than the overall transmis-
sion power, allowing us to assume Nj! > PpQ Additionally,
since the value of function V (z) exhlblts little variation
with respect to z, it is reasonable to simplify the expression

\/(N” P2)/V (3&,) in (35) to \/N/V(7.). With the above
simphﬁcatlon, 3Ws7u /8Pl§"k = 0 is a quadratic equation,
which can be easily solved.

Lemma 1: With a given block length N,? and device’s
parameters, and under the condition of N§? 4 Pkav the
closed-form expression of the near-optimal total pilot power
Ppowk is given by:

N (B1 — By)
(Lu In(2) — 2N,?fD}u) Yo

Bk = (20)

where Bt = /() Ly fouy/Lu 1n(2) fo,u73 +8Bs N,
By = (Lu ('Yu + 2) ln( ) + QN;?%) fD,u,
Bz = (fo,ul0u+1)+7/2)(7u/2+ fo,u)-

We derive the optimal N} for problem P1.1.1 as follows. As
Proposition 4, the transcendental inequality (C3) is needed to
be solved. Since the value of C (’yf}u) is much larger than the
value of log, (Ni? — n{?) /(2 (N5 — ng)) , we simplify (C3)

35 Q ((NE—n)/ V2 (COE) =L/ (V=) )<
Equations (10), (13) and (14) reveal that the affect of (Nk —n,; )
on €} is greater than that on 15!, when N;! changes a little.
Thus, we treat 45!, as a constant. The origin transcendental
inequality becomes a linear inequality. The minimum block
length subject to €y, is derived as:

AT, + AL L,

Q
2= + +ng, 1)
"2 (0 (h&))? €08
where Af=\/A2, +4C(v$t) L /AL, A=V (k) (Q (e u))Q-

After combining the constraints (C5) ~ (C7), we obtain:

i Lu__ q0 e in {N, ni
=|min<{maxqy ———— +nN,, , min s .
logy (M,)  F77 € R D o
(22)

where [-] means rounding a number up to an integer. Note
that the solutlon of N, , may not be precisely accurate since
treating fye,u as a constant. In order to get an accurate Nop v,
an iterative method is used, as shown in Algorithm 1. First,
an approximate Né(lf) is computed as in (21) from a random

or empirical initial value. Then we use Né‘g,) to update vgu as

Nﬂ

opt,u

in (21) to obtain an accurate IV, E(th)r

Lemma 2: With a given pilot length ni’ and normalized
pilot power p > the closed-form expression of the near-
optimal block length for the u-th device, i.e., N5, ., is given

opt,u>
by Algorithm 1.



Algorithm 1 A proposed iterative algorithm to obtain the
optimal block length

Q Q .
nk- ) pp,ka Nthr,kv Ethr,ua Lua Mu7 Yus fD,u’

Input:
Execute:
1: Let a=max((0.1~0.2),3x2fp ), NO =n/a;
2: With N©, N9 is obtained by (14) (13) (21);
3: With N, N{) is obtained by(14) (13) (21);
4: return Ny, by (22) with N, , = N

Ethr,u

Algorithm 2 The Proposed JPLLO Algorithm

Input: Nthr,k:y €thr,u pghr,k’ Ly, M,, Yus fD,uy Tax;
Execute:

1: Initialize N© = 2L, /log, (M.,);

2: for i =1 to I, do

3. Given NG, Pp("‘> is obtained by (20);
4 n® = [max{F"/p% .. 2N Dfp 1]
5
6

) =[P ok <2NVf ] 7 (B 2 pSh i

Given n() as n{ and p{”
by Algorithm 1;

7: end for _

8: return N® n(), pP(,l)

as py., N is obtained

as optimal result.

B. Throughput Maximization of the IE Frame Structure: Al-
gorithm Design

Based on the above discussion, the JPLLO algorithm for
solving single block structure optimization problem P1.1 is
proposed, as shown in Algorithm 2. At first, a proper empirical
initial value of block length N, ,? helps the algorithm converge
faster. Given Ny?, the optimal total pilot power Py’ is obtained
as in (20) by Lemma 1. To reduce pilot length ng, a
straightforward approach is to let pilot power reach its limit.
However, it is important to ensure that this choice of n{’
satisfies the constraint (C'6). This condition can be verified
using step 4, which determines the final value of n. To avoid
limiting the pilot power excessively, the algorithm restricts
it further only when the pilot length falls below the lower
limit. This restriction is implemented in step 5 using the
trinomial operator X = A? B : C, which assigns X to B if the
condition expression A is true, and C otherwise. This step also
prevents performance loss caused by high pﬁhr’ &> as analyzed
in Subsection III-B . Subsequently, in step 6, IV, ]? is obtained
by Algorithm 1 by Lemma 2. We repeat these steps until the
number of iterations reaches I,,,.. Thanks to the closed-form
expressions of (20) and (21), the proposed JPLLO algorithm
enjoys a low complexity.

The JOMD-IE algorithm for multi-device system is pro-
posed as Algorithm 3. This algorithm is based on the results
of the single-device block structure optimization problem P1.1
(17), which was previously solved using the JPLLO algorithm
(see Algorithm 2). The JOMD-IE algorithm functions in two
stages. Initially, the control block structure is optimized (steps
2-7) to select the block structure consuming the most transmis-
sion resources, thus catering to the highest device demands.
Subsequently, the data block structures of the devices are
optimized (steps 8-11). Devices scheduled later in the process
may encounter a shortage of block lengths to meet their BLEP

Algorithm 3 The Proposed JOMD-IE Algorithm
Input: Nggy, €y, Ppthr; L, M, v, fp, Imax, U, A;
Execute:
1: Reorder devices by descending A values.
2 Nurc = Newe — 3,5, Li/ logo (M) — Le/ logy(Me);
3: foru=1to U do
4: Given  Nuyrc, €tr,C, Ppihr,Cs Loy Mc, Yu, fD,us Imaxs
the optimal parameters of the control block structure
for the u-th device are obtained by Algorithm 2,
i.e., Nc .y, nc, and Ppc.

5: end for

6: Let u* = argmax, {Nc.};

7 Ne = Neus ;e = neus Ppe = Ppe s

8: for k=1to U do

9 Nk =Newe—Nar.c— 3 Ni — S0F, Li /log, (M) ;
10:  Given Nk, € ks Ppihr,ks Ly My Vi, 0,k Imaxs

the optimal parameters of the data block structure
for the u-th device are obtained by Algorithm 2,
i.e., Ng, ng, [

11: end for

12: return N, n, p,

constraints. This raises a fairness concern, as these devices are
at risk of being disregarded. To address this issue, we introduce
a weight variable, denoted as A = {\,Ju = 1,...,U}, in
step 1 to determine the scheduling order of devices. Initially,
Ay is assigned a value within the range of 1 to U, based
on the outcomes of existing scheduling algorithms. If device
u is previously disregarded due to insufficient block lengths,
its new weight for the current schedule will be updated to
Al, = Ay +U. This adjustment is designed to prioritize devices
that were previously unable to get necessary resources, thereby
improving fairness in the allocation process in subsequent
rounds of scheduling.

C. Throughput Maximization of the JE Frame Structure

Based on the analysis in Subsection III-A, the optimization
problem is formulated by maximizing the throughput of the
JE frame structure 7. with respect to block length N}, pilot
length n' and the normalized pilot power pg,, as follows:

P2: max 7, st (Cl)~ (C7)
Nnt o}
with Q=J, wu=1,..,U, k=1
where L' = Lc + Zgzl L,. The constraints are basically
the same as problem P1. Problem P2 has a total number of
5 4 2U constraints since there is only a single block in the
JE frame structure. Note that the JE frame structure should
satisfy the requirement of the most demanding device, i.e.,
anhr = min{ppir, }, M’ = min{M,}, since devices’ data and
control information are encoded together in a single block.

The JE frame structure can be treated as a singular data
block, as both devices’ data and control information are
encoded within it. Therefore, the issue of optimizing the JE
frame structure can be efficiently tackled with the help of
the JPLLO algorithm. The proposed JOMD-JE algorithm is
presented in Algorithm 4. The data block in the JE frame must
meet the strictest transmission requirements from all devices

(23)



Algorithm 4 The Proposed JOMD-JE Algorithm
IDPUt: NFlhra €thr, ppthr7 L7 M7 ’77 fD) Imax; U;
Execute:
1: for u=1to U do
2: €thr,u = Inin{elhr,ua 6thr,C};
3 Given N, €thr,u s pg,[hm LJa MJ7 Yy fD,zu Imax, the
optimal JE frame structure parameters for the wu-
th device are obtained by Algorithm 2, i.e.,
Ny, o, pus
4: end for
5: Let u* = argmax, {N,}
6: return Ny, Ny, Pp o=

and control information. Thus, the constraint of a lower BLEP
between the devices’ and control information is used for
further calculation, as shown in step 2. The proposed JPLLO
algorithm is then deployed to independently determine optimal
frame structures that satisfy the constraints of each device.
The structure with the longest frame length is determined as
the final result, thus ensuring the fulfillment of transmission
requirements for all devices, as described in step 5.

V. LATENCY AND THROUGHPUT COMPARISON BETWEEN
THE IE AND JE FRAME STRUCTURES

The throughput analysis between the IE and JE frame
structures in homogeneous and heterogeneous scenarios is
presented in Subsection V-A. In Subsection V-B, we analyze
the latency of the IE frame structure in general heterogeneous
scenarios. Subsection V-C compares the average latency be-
tween the two frame structures. The complexity analysis of
the proposed algorithms is shown in V-D.

A. Throughput Comparison

Let (8 denote the frame length ratio between the JE and IE
frame structures while transmitting an equivalent amount of
information, i.e., N7 = BN%.

We use G to denote the throughput gain of the JE frame
structure over the IE frame structure during transmission of
an equivalent amount of information. We have G = 1/ as
given in equation (7), when the negligible influence of BLEP
is disregarded. As [ decreases, the relative frame length of
the JE frame structure to the IE frame structure becomes
smaller, and correspondingly, the throughput gain G increases.
For facilitating the derivation, we examine the monotonicity
of 8. The examination enables us to discover how to improve
the throughput gain of the JE frame structure.

1) Homogeneous Scenarios: Homogeneous scenarios are
the extreme case of low heterogeneous scenarios. In ho-
mogeneous scenarios, we have L, = L; and N, = N]
(u = 1,...,U). Thus, Nt = N} + UN]. And we denote
L' = L U + Lc for the sake of brevity.

Proposition 5: In homogeneous scenarios, the ratio of the
JE to IE frame length 3 can be approximately derived in (24).
B is mono-increasing with respect to channel capacity, and
the amount of information bits L,,, respectively, and is mono-
decreasing with respect to the number of devices U.

B~ N'/(NL+UNY), 24)

. ) AL AL Lc N —
where Ni = (1all)(z(c(»y;l))QJrc('ygvl)’ N =

1 Aa+A | p 7 1 1 1
ety 4 = VAt D,

A¢ :\/A;,l +4C (Wé,l)Lc\/E at low to moderate SNRs;
NI - 1 Lo NV — 1 L' .
NC - (17a11)10g2(%/[c)’ N = (1704nin) Tog, (M1) at high

SNR. Ni,ol,7i,, A}, are obtained from the optimal block
structure of the first device, by the proposed JPLLO algorithm
with equations (20) and (22).

Proof: See Appendix D. ]

The analysis demonstrates that the throughput of the JE
frame structure outperforms that of the IE frame structure.
In addition, the throughput gain of the JE frame structure G
increases when the channel capacity decreases, the number of
information bits in a block decreases, or the number of homo-
geneous devices increases. According to the FBL theory [11],
a smaller L results in a wider channel dispersion, which yields
a lower achievable rate. The JE frame structure accommodates
a larger number of information bits in a block compared to the
IE frame structure, resulting in higher throughput. Moreover,
the JE frame structure allows devices to share redundant
and pilot symbols, whereas the IE frame structure requires
independent redundant and pilot symbols for each device.
Consequently, the JE frame structure decreases the quantity of
redundant and pilot symbols, enjoying a shorter frame length
and higher throughput than the IE frame structure, particularly
at low average SNR. However, as the average SNR increases,
the need for redundant symbols decreases, leaving more space
for data and pilot symbols in the frame. In such case, the
performance gain from the JE frame structure, through shared
redundancy, is not as pronounced. The validity of this analysis
is verified in Figs. 5,9 and 12.

2) Heterogeneous Scenarios: In heterogeneous scenarios,
accurate estimation of N}, and N’ based on a particular device
block becomes challenging. This is due to the significant
variation in the effective SNR %?u across different devices.
For the JE frame structure, devices with high 'yeffu must use
a large number of resources to be compatible with devices
sustaining low ~£,. Under such circumstances, the JE frame
structure requireé a higher number of pilot and redundant
symbols than that in homogeneous scenarios, given that the
total information in a frame remains constant. This may result
in a reduction in the throughput gain of the JE frame structure,
and in some instances, it may even lead to inferior performance
compared to the IE frame structure, i.e., G < 1. For the IE
frame structure, the data of each device is encoded into blocks
independently. The heterogeneity only affects the length of the
control block, with minimal impact on the total throughput.
As a result, the throughput in heterogeneous scenarios remains
virtually identical to that in homogeneous scenarios, given that
the total information in a frame remains constant. The analysis
is verified in Fig. 5.

B. Latency Analysis for the IE Frame Structure

For the IE frame structure, the transmission latency of the
k-th block is N}, and the queuing latency of the k-th block
is NL+ ¢! N,,. Thus, Let T, = NL + Y¢_, N} denote

m=1



the overall latency of the u-th device in the IE frame. Let g
denote the average latency of U devices. The average latency
of the IE frame structure under heterogeneous scenarios is

derived as:
1
T]!{cl = U

U U
1 1
TL:N&+EE (U—k;+1)NL=N;—E§ (k—1) Ny,
k=1

(25)
Proposition 6: The SBF scheduling rule achieves the min-
imum average latency for the IE frame structure.

Proof: We prove the Proposition 6 by contradiction.
Suppose a non-SBF schedule S is optimal. Suppose two
adjacent blocks 7, j with ¢ = j—1 and N} > Nj in S. Perform
an adjacent pairwise interchange on the two blocks. All other
blocks remain in their original positions. Call the new schedule
S’. Let T and T%, denote the average latencies of S and &',

respectively. We have TL = TT — (i — 1)N! — (j — 1)Nj
and T%, = T — (i — 1)NJI- — (4 — 1)N} by (25), where
' = Np— &5 s (k—1)NE Thus, Tk — T, =

NI-N ]I > 0. That is, the average latency of S is higher than
that of S’. This contradicts the optimality of S and completes
the proof. ]
Proposition 7: In the IE frame structure, the average latency
decreases as the device heterogeneity increases under the SBF
scheduling, when the total frame length remains unchanged.
Proof: The homogeneous scenario is the extreme case
of heterogeneous scenario. With the same frame length N}
as the heterogeneous scenario, the average latency in the
homogeneous scenario is derived as:

(26)

Thus, Ty — Thomo = & (557 S0-0 N — X0, kL)
When U is odd,

U
— 1 (14U |
T~ Thow = 3 (152 30— 3 k0
k=1
(U— 1)/2 U
1|14+U 1+U
QZN,L—< Z ENL+—— N§+U+ZkN,L)]
k=1

=0 :

k=(U43)/2
(U-1)/2 (U-1)/2
k= U—k+1 1 14+U +U
ol T (5r)m- 3 () e
k=1 k'=1
(U-1)/2
1 1+U
-2 (S - k) ¥k = ) 27)
k=1

Similarly, when U is even

TI

— 1 1+U Lo
Het THom0: ZNk ZkaJ’_ Z ka

k=U/2+1
U/2
1 14U
=5 [} (T - k) (N} — N}]Hl)} . (28)

k=1
Under the SBF scheduling, Nj — N{;_, ., < 0 since N{ <
Né <0 S N(I] Thus, TIIIet X TlIlomo The Nllc - NTI]fIH»l
is greater when there is strong heterogeneity, therefore the
average latency is lower. ]
Proposition 6 and 7 suggest that, in heterogeneous scenar-
ios, using SBF scheduling for the IE frame structure can help

the data transmitted to devices in a timely manner.

C. Average Latency Comparison

For the JE frame structure, the overall latency of each device
is the transmission latency of the frame, i.e., T;) = N’. Thus,
the average latency of the JE frame structure is given as:

TV = N’ = N (29)

Proposition 8: The average latency of the JE frame struc-
ture is lower than that of the IE frame structure only when [ is
less than a certain threshold, denoted as BD (as shown in (30)),

ie., B < BP. Moreover, S < 1 and is mono-decreasing with
respect to the number of devices U in homogeneous scenarios.

5P BRy =1— ULN% Z,E,le (k—1) N}, Heterogeneous,
= 1

Bhomo'= %, Homogeneous.

(30)

Proof: From (25) (26) and (29), 8P can be derived by
solving T7 < T'. For heterogeneous scenarios, it is obvious
that 3P < 1. For homogeneous scenarios, BP =1withU =1,
and 0B, /0U = —NI(NE + ND/(2(NL + UN)?) < o.
Thus, 8P < 1 and is mono-decreasing with respect to U. M

Remark: Essentially, 3P is the point at which the average
latencies of the JE and IE frame structures are equal. We define
the corresponding throughput gain of the JE structure at this
point as GP, where GP = 1/3. This means if 3 < 3P, and
correspondingly, G > GP, the JE frame structure has a lower
average latency than the IE frame structure, and vice versa.

Considering the intra-frame queuing latency from the per-
spective of devices, the average latency of each device within
the JE frame structure is not always lower than that of the IE
frame structure. This differs from the discussion of [9], which
just considers the transmission latency. From the perspective of
the frame’s transmission latency, as long as the frame length
of the JE frame structure Nj is shorter than that of the IE
frame structure NI, ie., 3 < 1 (G > 1), the transmission
latency of the JE frame structure is lower than the IE frame
structure. However, from the perspective of the average latency
of each device within the frame, the average latency of the JE
frame structure is lower only when 5 < BP. In such case, i.e.,
G > GP > 1, corresponding to scenarios with low average
SNR or/and a small L, the JE frame structure demonstrates
superior performance in both throughput and average latency
compared to the IE frame structure. Generally, the average
latency of the JE frame structure tends to be higher than
that of the IE frame structure, especially in heterogeneous
scenarios, i.e., 3 > P (G < GP). As heterogeneity increases,
{3 rises due to a larger increment in Nj compared to N}, as
explained in Subsection V-A . Concurrently, 5P decreases due
to the beneficial effects of using the proposed SBF scheduling
in reducing 77, and due to the increased 77 caused by an
expanding total frame length, as discussed in Subsection V-B.
This makes the condition 8 < P (G > GP) less likely to
hold. In general, compared to the IE frame structure, the JE
frame structure provides higher throughput but higher average
latency. The illustration is shown in Fig. 9.



TABLE 11
COMPUTATIONAL COMPLEXITY COMPARISON OF FRAME STRUCTURE
OPTIMIZATION ALGORITHMS

Normalized Numerical

. Analytical
Algorithm Computational Complexity Co[r]n}fthatronal C?]mglesxrty
JOMD-IE 2UTA 2 3
JOMD-JE Ul 1 L5
ES with IE v, m}),u(m}vyu)2/2 42x108 1.4x1013
ES with JE ml (mhy)? /2 3.3x104 5%x10°
D-IPBO [19 IpiIpU* 10 36

Notations: U: number of devices; Ia: the number of iterations to achieve
a steady status of the proposed JPLLO algorithm; ml ,: the number of
searching points of normahzed pilot power for the u- -th dev1ce within the
IE frame structure; m): the number of searching points of normalized pilot

P
power of the JE frame structure; m/] Nou : the feasible points of block lengths

for the u-th device within the IE frame structure; m’ N feasible points of the
JE frame length; Ip.1: the number of iterations of the D-IPBO algorithm; Ip:
the number of iterations of Dinkelbach’s algorithm. ES stands for exhaustive
search method.

D. Complexity Analysis

The computational complexity of the proposed JOMD-IE
and JOMD-JE algorithms are shown in Table II, in terms
of the number of calculations, in comparison to the dynamic
joint independent-pilot length and block length optimization
(D-IPBO) algorithm [19]. The proposed JPLLO algorithm is
performed by the derived closed-form expressions for the near-
optimal block length (22) and total pilot power (20), at com-
plexity of 15, where I is the number of iterations to achieve a
steady status of the proposed JPLLO. Thus, the complexities of
the JOMD-IE and JOMD-JE algorithm are 2U I and U1, re-
spectively. The exhaustive search (ES) is used as a benchmark.
The complexities for the IE and JE frame structures with the
exhaustive search are []-_, m), , (mly,)?/2 and m), (my)? /2
respectively, where m! u Jp are the number of searching
points of pllw and p, respectively, mﬁ\,’u and m’, are the
feasible points of block lengths N} and N respectively. The
complexity of the D-IPBO algorithm [19] designed for the IE
frame structure is IpIpU? [19], where Ip is the number of
iterations of the D-IPBO algorithm [19], and Ip is the number
of iterations of Dinkelbach’s algorithm. Also, the D-IPBO
algorithm [19] does not take pilot power into consideration.

With Ix = 3, m%vu = m% = 10, mg\,)u = 100, mﬁv =
m} Nou - U, Ipg = 2 and Ip = 2, the normalized numerical
complexities are shown in Table II. The complexities of the
proposed algorithms grow linearly with the number of devices
U, but the complexities of the exhaustive search methods
grow exponentially. Considering one more group of optimiza-
tion variables, i.e., pilot power, our proposed algorithms still
achieve greater than 10-fold complexity reduction over the D-
IPBO algorithm [19]. Therefore, the proposed JOMD-IE and
JOMD-JE algorithms reduce complexity significantly.

and m

VI. SIMULATION RESULTS
A. Simulation Setup

In this section, we conduct numerical simulations to verify
the theoretical analysis and the proposed algorithms. We set
the symbol period Ty = 1/B = 10 us with the bandwidth
B = 100 kHz [36]. The frame structure parameters are
Ny = l,cy = 3,em = 2,cao = 8. The maximum frame
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Fig. 5. Average latency and throughput between IE and JE frame structures
in homogeneous and heterogeneous scenarios with the same amount of

transmitted information Z 1 Lw = 300 bits.

length is set to Ngyp, = 1000. The homogeneous scenario
settings in Figs. 5 and 9 are as follows: The information bits
of each device is L,, = 100 bits. The modulation order is

M, = 4. The BLEP threshold of device data is €py,,, = 107,
The BLEP threshold of control information is en.c = 107,
The normalized pilot power threshold is ppmr,w = 5 dB.
The normalized Doppler frequency is fp, = 0.02. The
number of device number is U = 3 in Fig. 5. The hetero-
geneous scenario settings in Figs. 5, 6, 7 and 12 are as
follows: U = 3,L = [100,50,150|,M = [4,4,4], €émr =
[1077,1075,1078], emrc = 1073, ppwr = [3,1,5] dB, and
fp = [0.02,0.01,0.02]. The simulation parameters in Figs. 10
and 11 are set as: U = 1, L = 200, M = 4, fp = 0.02, and
€thr =10-6.

The results displayed in Fig. 7 and Fig. 8 are a culmination
of an analysis conducted on one million samples. The samples’
parameters vary within the following ranges: U spans from 2
to 6. L, is from 50 to 350 bits. M remains constant at 4. €,y
varies from 1078 to 107°. pyy,,, ranges from 0 to 7 dB. fp.,
extends from 0.001 to 0.03. ~, varies between 2 to 12 dB.
Let 0% = ox/X denote the normalized standard deviation
of a random variable X, where X denotes the mean of X,
ox denotes the standard deviation of X. In Fig. 7, we set the
normalized standard deviation of SNR, denoted as 03, to 0.2
for different devices within each sample frame. In Fig. 8, the
frame length Ny is set to 500.

B. Latency and Throughput Performance Comparison

We define the relative average latency reduction of the IE

frame structure over the JE frame structure as AT = TJTJTI,
and define the throughput improvement of the JE frame
structure over the IE frame structure as Ang = 2% — G 1,

Fig. 5 presents a comparison of latency andFthroughput
between IE and JE frame structures, with the same amount
of transmitted information but within different scenarios.
Compared to the IE frame structure with the proposed SBF
scheduling, the JE frame structure provides a higher through-
put but also a higher average latency, which aligns with
the analyses conducted in Subsection V-A and Subsection
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given average latencies, in a heterogeneous scenario transmitting identical
information at average SNR = 6 dB.

V-C. Specifically, the JE frame structure achieves superior
throughput (Ang is up to more than 35%) due to reduced
channel dispersion with a shorter frame, while the IE frame
structure offers significantly lower average latency (AT is up
to more than 30%) because of decreased queuing latency.
Notably, Ang declines gradually as the SNR increases, and
AT rises with increasing SNR. This behavior is attributed to
the JE frame structure’s ability to reduce redundant and pilot
symbols, leading to a shorter frame length and consequently
enhanced throughput, especially at lower average SNRs, as
analyzed in Proposition 5. Correspondingly, AT is less
pronounced at low SNRs.

With regard to the IE frame structure, the average latency
is lower in heterogeneous scenarios than in homogeneous
scenarios, thanks to SBF scheduling, which allows devices
with shorter block lengths to experience lower queuing latency,
in agreement with Proposition 7 . In heterogeneous scenarios,
due to the JE frame structure being designed for the device
with the poorest channel (often termed the “cask effect”), the
frame length increases. As a result, throughput decreases and
average latency rises, corroborating the analysis in Subsection
V-A . The scheduling fairness of the IE and JE frame structures
is shown by error-bars. The JE frame structure maintains
fairness across all devices but incurs a higher average latency.
In contrast, the IE frame structure offers lower latency to
devices with shorter block lengths, while it causes a higher
latency on devices with larger block lengths.

Fig. 6 illustrates the variations in BLEP under different
transmission schemes given average latencies. The worst
BLEP among devices is used for evaluation. The IE frame
structure excels over the JE frame structure by providing
superior BLEP performance at the same average latency. This
is attributed to the longer frame length of the IE frame
structure under equivalent average latency, indicating that the
IE frame structure trades off throughput for reliability and low
latency. Furthermore, when employing the IE frame structure,
the proposed SBF scheduling offers a lower average latency
than round robin scheduling [22] at the same BLEP. This
can be explained by the fact that, for a given frame length,
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Fig. 7. Average latency at different throughputs derived from 1 million
samples, with the normalized standard deviation of SNR afy =0.2.
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Fig. 8. Impact of heterogeneity of the proposed SBF scheduling on average
latency with the fixed frame length Ny = 500 symbols, derived from 1
million samples.

the proposed SBF scheduling achieves the minimum average
latency for the IE frame structure, proved as Proposition 6
in Subsection V-B.

Fig. 7 presents the average latency at different throughputs,
with data points representing mean values derived from cor-
responding throughput samples. Compared to the JE frame
structure, the IE frame structure significantly reduces average
latency by over 40% at equivalent throughputs. This can be
attributed to IE having a lower queuing latency for each user
within the frame. Furthermore, thanks to the SBF allowing
devices with shorter block lengths to experience lower queuing
latency, the proposed SBF scheduling rule decreases average
latency about 12% more than the round robin scheduling [22],
verifying Proposition 6 in Subsection V-B.

Fig. 8 shows the impact of heterogeneity of the proposed
SBF scheduling on average latency at the fixed frame length.
As heterogeneity increases, the normalized standard devia-
tion of block length o}, also increases. Compared to round-
robin scheduling [22], the proposed SBF scheduling lowers
the statistical average, minimum, and maximum values of
average latency, as indicated by the error bars. Moreover, as
heterogeneity increases, the average latency of the proposed
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SBF scheduling decreases and the scheduling gain increases,
verifying Proposition 7. Notice that the difference in error-
bar lengths between the round-robin and the proposed SBF
schedules widens as heterogeneity increases, indicating that
the proposed SBF scheduling provides a stable average la-
tency. This can be attributed to the fact that SBF scheduling
consistently schedules users with the shortest block lengths at
the beginning of the frame, while the round-robin scheduling
[22] does not consider block length in its order.

Fig. 9 illustrates the variation of throughput gain of the
JE frame structure G with different parameters of SNR, user
information quantity, and the number of users. The G values
under different parameters are presented by colored dashed
lines and markers. And GP, the throughput gain of JE when
the average latency of IE frame structure equals to that of
the JE frame structures, is presented by a gray solid line and
markers. For clarity, only one line representing GP is drawn,
as the values of GP nearly overlap at different SNRs. The
analytical values of G and GP, derived from Propositions 5
and 8, respectively, correspond closely with their numerical
results. The area where G > GP is filled in blue. When G
falls in this region, the JE frame structure outperforms the IE
frame structure in both throughput and average latency. This
advantage is particularly apparent when the SNR and L,, values
are small. This is because, in these settings, the JE frame
structure mitigates the adverse effects of short packet channel
dispersion on throughput. In most cases, G >1 but G < G,
suggesting that the JE frame structure yields higher throughput
but also higher average latency compared to the IE frame
structure. Additionally, G increases with U in scenarios of low
to moderate SNRs. This suggests that employing the JE frame
structure, leveraging the high throughput advantage of long
packets, is more beneficial in scenarios with a large number of
devices. The results in Fig. 9 align with the analyses presented
in Subsections V-A and V-C.

C. Frame Structure Optimization

1) Impact of Pilot Power: The impacts of pilot power on
throughput and pilot overhead are depicted in Figs. 10 and 11.

optimal pilot power
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Fig. 10. Impact of pilot power on optimal throughput under two pilot power
allocation schemes in a single block, with information quantity L = 200 bits
and BLEP limit e, =106
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L = 200 bits and BLEP limit g, =1076.

Fig. 10 illustrates the impact of pilot power on optimal
throughput. When using the proposed JPLLO algorithm, the
throughput maximizes regardless of the pilot power limit, as
shown in solid lines. However, unoptimized pilot power, as in
[32], leads to an initial increase in throughput followed by a
sharp decline. Fig. 10 also highlights the need for higher pilot
power at lower SNRs to achieve peak throughput. Therefore,
it is significant to optimize pilot power in order to maximize
the system throughput.

Fig. 11 presents the trade-off between pilot overhead and
power. The curves labeled “recommended pilot power limit”
provide suggested pilot power values for certain pilot over-
heads, as derived from Proposition 1. Overshooting these
values risks throughput reduction, while staying below can
enhance throughput. The markers, labeled as “optimal over-
head given pilot power”, correspond to data from Fig. 10
labeled “Pilot power set to a maximum limit”. While Fig. 10
focuses on throughput as a function of given pilot power, Fig.
11 provides the optimal pilot overhead associated with those
pilot power values. As pilot power increases, the overhead
decreases towards auin, as (6). In summary, boosting pilot
power can reduce the overhead and improve throughput, but
over-boosting may degrade the throughput. The intersection



TABLE III
CONCLUSION OF PROPOSITIONS

Boosting pilot power properly can reduce pilot overhead and increase throughput.

Throughput is concave w.r.t. total pilot power and mono-decreasing w.r.z. block length.

The JE frame structure outperforms the IE frame structure in terms of throughput
and average latency in low average SNRs or/and small information sizes. Otherwise,
the average latency is lower with the IE frame structure.

Propositions | Verification Main Findings
1 and 2 Figs. 10 and 11

3 and 4 Fig. 12

5 and 8 Figs. 5. 9 and 12

6 and 7 Figs. 6. 7 and 8

The SBF scheduling rule minimizes average latency in the IE frame structure,
and under this rule, the average latency decreases with increased device heterogeneity.
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Fig. 12. Throughput performance of the proposed JOMD-IE and JOMD-JE
algorithms in the heterogeneous scenario as Fig. 5, comparing with other
algorithms.

points between the curves and markers in Fig. 11, labeled
as “Optimal block structure”, align with the “optimal pilot
power” markers in Fig. 10, indicating a balance between pilot
power and pilot overhead.

In summary, optimizing pilot power is crucial for maximiz-
ing throughput, especially in low to medium SNR scenarios.
Our results, as supported by the figures, confirm the effective-
ness of the proposed JPLLO algorithm and the validity of our
analysis in Subsection III-B .

2) Multi-Device Frame Optimization: In Fig. 12, we use
the global optimal results obtained by the exhaustive search
as our benchmark. The throughputs yielded by our proposed
JOMD-IE and JOMD-JE algorithms closely match the optimal
results of the IE and JE frame structures, respectively. As
analyzed in the previous Subsection V-A, Ang decreases as
SNR increases. By employing pilot power boosting, our pro-
posed JOMD-IE and JOMD-JE algorithms outperform the D-
IPBO algorithm [19] with constant pilot power, in throughput
performance.

VII. CONCLUSION

In this paper, we intensively investigated the IE and JE
frame structures for heterogeneous URLLC systems in the
FBL regime over continuous fading channels. Table III sum-
marizes the main findings of propositions 1-7 in this paper.
We derive the closed-form expressions for the average latency
gain of the IE frame structure over the JE frame structure, and
the throughput gain of the JE frame structure over the IE frame
structure. It becomes evident that when transmitting the same

information, the IE frame structure offers significantly lower
average latency and BLEP compared to the JE frame structure.
In particular, the IE frame structure provides a substantial
reduction in average latency exceeding 40% relative to the
JE frame structure when maintaining the same throughput.
Conversely, the JE frame structure is favored in scenarios with
low heterogeneity in terms of throughput, demonstrating an
improvement of over 30% in low SNRs compared to the IE
frame structure when transmitting identical information. Fur-
thermore, we show that traffic heterogeneity has less adverse
effects on the performance of the IE frame structure than on
the JE frame structure. Moreover, traffic heterogeneity can be
leveraged to reduce the average latency and improve reliability
of the IE frame structure by the proposed shortest block length
first (SBF) scheduling. To solve the throughput maximization
problems with low complexity, we derive the closed-form
expressions of near-optimal total pilot power and near-optimal
block length by solving very complicated transcendental equa-
tions due to device mobility. The proposed JOMD-IE and
JOMD-JE algorithms achieve near-optimal performance with a
tremendous complexity reduction over the exhaustive search.
Finally, we highlight the trade-off between pilot power and
pilot overhead, showing that proper pilot power boosting can
reduce pilot overhead and substantially improve throughput,
especially in low and moderate SNRs. At high SNRs, however,
the pilot overhead emerges as a significant factor in enhancing
throughput.

APPENDIX A
PROOF OF PROPOSITION 1

For the sake of brevity, in this appendix, Let z denote
’ygu , let p denote P;?,k’ let a denote oz%, let f denote fp .,
respectively. To establish that z is concave with respect to p,
we need to demonstrate that gipg < 0. First, we have:

0z az® ((a®z(2f+a—1)) p°+(daf(a—z—1)) p—2f(a—2z—1)) .

op ((a%z+(2f —1) za) p+2f (a—2—1))° a1
Let G1(p) and Go(p) denote the numerator and denominator
of g—;, respectively. The second-order partial derivative of z
with respect to p can be expressed as:
0%z G2(p) - 45 (G1(p)) = G1(p) - 55(G2(p))
o (G2(p))? '
Let G3(p) represent the numerator of gipi. The expression
for G3(p) is given by:Gs(p)=a?f2* (a—z—1) (a—1) (f+3)
((2f+a—1)azp—2fz+2f (a—1)). Considering the proper-
ties of the system: the pilot overhead is less than 1, thus a < 1.
Given that the pilot power and SNR are non-negative, so p > 0

(32)



and z > 0. If the condition (2f +a—1) < 0 holds, i.e.,
a < 1—2f, then it follows that G5(p) < 0. This condition is
plausible in practice as the value of f is unlikely to exceed 0.1
and a would typically not be greater than 0.8. For instance,
f =~ 0.1 when v, = 300 km/h at 6 GHz with the SCS of 15
kHz. Therefore, we deduce that g%g < 0, confirming that z is
concave with respect to p.

The optimal p to maximize z with given a, denoted as
p*, can be obtained by solving G;(p) = 0. That is, p* =

2f(a—z—1)—+/2f(2f+z)(a—1)(a—2—1 . .
( ) \a/z(2(f+a_)1() X ) When p < p*, boosting

pilot power enhances the effective SNR. However, when
p > p*, the effective SNR tends to decrease.

APPENDIX B
PROOF OF PROPOSITION 2

For the sake of brevity, in this appendix, let z, ¢, £ denote
7 (Q 7 (ewr,u) logy €) and Ly, respectively. We derive the
first-order partial derivative of N £ with respect to % ”

ONE In (2)

_ 5 (A2 + AsgIn (2)),

9z A (In(142)* (1 +2) (33)

where Ay = (1+2) /2 (242) qIn (2)+4L In (1+2) (142)*

VZ (42 g Ay = (142)°4A1A3, As = q(In2)*/% 2 (242)
+(—q(ln2)2—|—ﬁ(l+z)2\/1n7) In(142), As=22¢In(2)(z+2)?
“2L01+2)*(In(l+2)) ,z(z+2)(q1n(2)73£(1+z) )ln(1+z)
+22q1In (2 )(z+2)
in the domain of z (z > 0), and therefore 2 5a N < 0, mdlcatmg
N £ is monotonically decreasing with respect to % -

Proof of A» > 0: It is obvious that A; > 0. As
long as As; > 0, then Ay > 0. We have 0A43/0z =
[(1+2) (2In (142)+1)+q (22 +42+1) In (2) /(142) > 0,
which means A3 is monotonically increasing with respect to
z. And since Aj|.—0=0, Az >0. Therefore, A5 >0 for z>0.

Proof of A4 > 0: We have Ay|.—o = O and 8A4/8z =
As/(1 + z), where A5 = —4L(1+2)°(n(1+2))® —
2(1+z)2 (¢In(2) — 6 (22 +22+1/6) L) In (1 + z) +
4(2+2) ((z +3/2) (2 +1/2) qIn (2) + 3/4L (1 + 2)?
Aslong as A5 > 0, then A4 > 0. For As;, we have As|.—o =0
and 0A5/0z = 16 (Ag+3/2(224+22+1/3) L) (1+ 2),
where As = —L(n(1+2))°/2 + ¢z(z+2)In(2)+
3 (22+22+5/12) L. As long as Ag >0, then A5 > 0. For Asg,
we have Agl.—o = 5L/4 and 0A/0z = 2qln(2) +
L(622+In(l4+2)+122+5) /(1+2)*>0. Thus, A;>0 forz>0.

We prove that A5 and A4 is larger than 0

APPENDIX C
PROOF OF PROPOSITION 3

Letting p w =1L nk can be regarded as P in (10). By
the deﬁmtlon of throughput (17), given N3, max1mlze nk 1s
equivalent to minimize €. So we can proof the throughput 7’
is concave with respect to total pilot power PQ by proofing
¢ is convex with respect to PQ For the sake of concise
writing, in this appendix, let P, £ N denote Pp 1> Lus N,?,
respectively. By defining WS = Q_l(eg), we have:
P 1w (WQ (8W5’)2 . a?w§>
P2 V2r " oP op2 )’

(34)

It is clear that gpé > 0 holds if 7,27? < 0. For sim-
plicity, the WS is appropriately simplified. Firstly, V' (75%,)
changes little with respect to P and can be approximated
as 3 (log, 6)2 [32], so we simplify /(N —P)/V(7é)
VN /V (v). Secondly, since £ >> log, (N — P), we remove
the term % The proposition still can be proofed
without removing this term with a tedious process. Finally

we simplify WS! as:
Q _ N-P ( a)_ £ )
WS,u - ( V('Yu) c ('%,u) N _p .
Q

It’s second derivative with respect to n;, is as:
FPWE.
op?

(35)

1
V(’Yu)(Bl+BQ+BS+VN_P (84-1-35)) , (36)

where B; = —(C(’yg?u)——)/él(J\/ P2 By =

—BeW = P) F/ (Br(By)?), By = —LN-P)"2
B4 = —’YuBﬁ/ (87(68)3), 85 = —’yuBg/ (B%(Bg)4/1n2),
Bs = w2 (w+DNfp, Br = 2In(2) (72, +1), Bs =
(Nfp+P/2)vu + Nfp. Since ¢ < 0.5 and N' > P in
practice, C (7§},) — Nﬁp 1n B, is greater than zero. So
obviously, ZZ 1B <0. a 2 *<0 is proven. Therefore € is
convex with respect to P, i. e 7 is concave with respect to P.

APPENDIX D
PROOF OF PROPOSITION 5

In homogeneous scenarios, the SNR and effective SNR
are consistent across all users. The optimal block structure
of the data block of a single device is first obtained by
the JPLLO algorithm. The control block of the IE frame
structure has a small number of information bits Lc. It has
little impact on some optimal control block parameters, i.e.,
ag & of,yie &AL, Al o~ AL . Similarly, although the
number of information bits of the single block of the JE
frame structure is larger, the parameters of the optimal frame
structure can also be approximated by a single device data
block, i.e., o' ~al,7] ~ fyel, Al = Al . With af/=n{ /N},
and Nk —N,?Ddtd—t—nk, N,~c can be rewrltten as:

1
N{ = Ni'Data T—a?
where N2 k.Data 1S the length of data symbols in a block. In low
to moderate SNRs, N& . = N . At high SNR, =

opt,u €thr, opt u
1og2(M )—l—nk as in (22). Thus, the ratio of JE to IE frame
length [ can be approximated as in (24).

Proof of [ is mono-increasing with respect to channel
capacity:

(37

o 2 (201DaC (L) I\ AL, + D2Ds + Dy )
0C0L)  DiDyDs (/] (DD +200L,) L+ AL (U+1))
(38)

where D1 = /Al | +4C (1l,) Le, Do = /AL, +4C (3,) Ly,

Ds = Al +4aCc ()L, Dy = L'Dy — ULiDs,
Ds = DiDs + DsDr -+ (A{;,r)z (LC - LJ),
Dy = ((Li-L)U+Le—T) (ADs+ (44)7),
Dy = (Le-D) (AP - 2Lel’C(hh) /AL,
Dy = ~UD: (L'~ Li) (D (4 ,)% + (45,1)). Obviously,



Dy >0, D2>0andD3>O We have Lc < L' and L; < L)
with L' = LC+EU 1 Ly Thus, D5 < 0 w1th D < 0 and

D7 < 0. And with D4 < 0 and Dg < 0, 60( )>0.

Proof of § is mono-increasing with respect to the amount
of information bits L:
B

T

4UC (ve1) (Do + Dio)
DyDs (Di3)? (A;,1)2

(39)

where Dg =C (’7;’1) ﬁ/A;,l ((ULl — Lc) 'Ds — (ULl + Lc) DQ),
Do = 2D3D11 + 2D; (DlAq 1+ (A;,l)% U) + Daa,
Dn = (Dl, [al |+ AELIU> Dy + (U-1)(4L,)%,
Di2 = 2441 (A4 U/4 — Ay /4 — LeC (ver)),

Dz = 2C (1) LU + /AL Dy + /AL 1Dy + +A}, (U +1).
In general, L¢c can be neglected since ULy > Lc¢. Thus,
Dg > 0 as D3 > Ds. Dm > 0 because Dy > 0 and D15 > 0.
And with Dq3 > 0, 2 aL > 0.

Proof of  is mono-decreasing with respect to the number of
devices U: Generally , Lc is a mono-increasing linear function
with respect to U, as Lc = m1U + ms. We have:

L% (maCL) +AL/2)Da{al ) H2+ O GL) AT

ou —Ds (A{;,l)2 (20(7;1)L1 + /A D2 + Az’l) /2
(40)

8%([]]?\;1) < 0 since Dy > 0 and D3 > 0. That is, U—]\;,

is mono-decreasing with respect to the number of devices U.
J

An =N N is mon reasing with

d because NN N B is mono-decreasing wit

respect to the number of devices U.
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